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Abstract—Successive relaying has recently emerged as an effec-
tive technique for cooperative networks and provides significant
improvements in bandwidth efficiency over traditional relaying
techniques; however, to achieve full-diversity, the available suc-
cessive relaying protocols generally assume noise-free source-
relay and interference-free inter-relay channels. In this paper,
a novel successive relaying protocol is proposed for N -relay
wireless networks by removing these optimistic assumptions. The
proposed protocol benefits from distributed space-time block
codes (STBCs) with coordinate interleaving and relay selection.
It achieves a diversity order of two and high transmission rate
under realistic network conditions with single-symbol maximum
likelihood (ML) detection. A general N -relay signaling protocol
is presented, and specific design examples are given for N = 2,
3 and 4-relay cooperative networks. The average symbol error
probability (ASEP) is analytically derived and shown to match
with computer simulation results. It is also shown via computer
simulations that the proposed scheme achieves significantly better
error performance and is more robust to channel estimation
errors than its counterparts given in the literature under realistic
network conditions.

Index Terms—Cooperative communications, coordinate inter-
leaved orthogonal design (CIOD), successive relaying.

I. INTRODUCTION

COOPERATIVE communications, which is capable of
creating a virtual multi-antenna system for the mobile

terminals of a relaying network equipped with single antennas,
has appeared as a promising strategy in the past decade
[1], [2], [3]. Generally, distributed space-time block codes
(STBCs) can be used effectively for relaying networks to
benefit from the diversity gains provided by this virtual multi-
antenna system [2], [4]. One of the most challenging problems
in the design of distributed STBCs arises from the half-duplex
constraint that limits the wireless nodes’ ability to transmit
and receive simultaneously [5]. Therefore, in such a system,
two transmission phases (a broadcast phase and a cooperation
phase) are required to transfer the data from the source node
to the destination node. Consequently, transmission rates of
distributed STBCs cannot reach those of STBCs operating on
conventional multiple-input multiple-output (MIMO) systems.
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Two-path successive relaying has been recently proposed
as an effective cooperative transmission strategy since it
provides significant bandwidth efficiency improvement over
the classical relaying methods [6], [7]. In two-path successive
relaying, the loss in the transmission rate of traditional relay-
ing protocols is recovered by continuous data transmission
from the source node while the relay nodes transmit and
listen alternately. Consequently, only L + 1 time intervals
are required for the transmission of L information symbols,
i.e., essentially full rate is achieved for larger values of L.
A major drawback of the earlier protocols for successive
relaying is the loss of full-diversity, which is sacrificed for high
bandwidth efficiency. In order to achieve full-diversity while
preserving high transmission rates, distributed STBCs with
the decode-and-forward (DF) protocol have been considered
for two-path relaying networks. In [8], an effective distributed
STBC, which provides high-rate and full-diversity, has been
proposed for two-path relaying. In this scheme, L information
symbols are transfered from the source node to the destination
node in L + 2 transmission intervals via two relays which
listen (to the source node) or transmit (to the destination
node) alternately. However, this code does not yield single
symbol maximum likelihood (ML) detection, which makes its
implementation complicated and costly. Recently, a distributed
STBC based on the coordinate interleaved orthogonal design
(CIOD), has been proposed for two-path relaying [9]. CIODs
are special STBCs which provide single-symbol ML detection,
full-diversity and full-rate for 3 and 4 transmit antennas in
addition to 2 transmit antennas in contrast to the classical
STBCs [10]. In [9], the CIOD for two transmit antennas is
transmitted in a distributed fashion with successive relaying,
and, consequently, full-rate and full-diversity is achieved with
single-symbol ML detection. More recently, the concept of
[8] has been extended to the three-relay case, and a new
successive relaying protocol has been proposed for relaying
networks [11]. In this protocol, L + 3 transmission intervals
are employed to relay the symbols to the destination, and a
diversity order of three is achieved with a proper design of the
corresponding distributed STBC at the expense of sacrificing
single-symbol ML detection.

The aforementioned schemes proposed in [8], [9] and [11]
provide effective solutions for successive-relaying networks;
however, their operations are based on the following two
assumptions:

A1- The relays can correctly decode the symbols received
from the source node, i.e., the channels between the
source node and the relay nodes are noise-free.

A2- The inter-relay channels are very strong so that
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the interference between relays can be successfully
eliminated, i.e., the channels between relays are
interference-free.

However, these two assumptions are over-optimistic and
cannot hold for practical wireless networks since the channels
between the source and relays are subject to fading and noise,
and the channels between relays cannot be interference-free
due to fading. In [8], a selective relaying protocol has been
implemented to relax A1 where the instantaneous signal-to-
noise ratio (SNR) levels of the received signals at the relay
nodes are measured and compared with a threshold SNR value.
Then the relay nodes whose instantaneous SNR values are
higher than this threshold value take part in the cooperation.
Furthermore, it has been assumed that these cooperating relays
always make correct decisions. It has been shown that the
schemes of [8] and [11] can achieve full-diversity under
selection relaying and A2. An adaptive relaying scheme has
been also proposed in [8] to further relax A2; however,
relatively strong inter-relay channels are still assumed in this
scheme. Furthermore, the schemes of [8] and [11] also assume
that the source-relay channels are much stronger than the
channels between the relays and destination, i.e., the relay
nodes are much closer to the source node than to the destina-
tion node. The inter-relay interference (IRI) problem has been
also investigated in the literature for amplify-and-forward (AF)
two-path successive relaying networks [6] and some solutions
have been proposed in [12] and [13]. However, IRI is still one
of the major problems of DF successive relaying schemes.
Moreover, the theoretical error performance analysis of DF
successive relaying schemes is generally ignored due to the
complexity of the network and the signaling protocols, and
only approximate diversity order calculations and diversity-
multiplexing tradeoff analyses are given in [8] and [14].

In this paper, we propose a novel successive DF relaying
protocol for cooperative networks with N(N > 1) relays by
completely removing the assumptions mentioned above (A1
and A2). Unlike the previous work described in the literature,
the proposed protocol can achieve a diversity order of two in a
realistic network environment in which relays can erroneously
detect the received signals and interfere with each other, and
yet, it can transfer data from the source node to the destination
node via N relays in a reliable manner. The proposed protocol
benefits from distributed STBCs with coordinate interleaving
(CIODs) and allows single-symbol ML detection at all relay
nodes and the destination node. Furthermore, the proposed
scheme can transfer 2N−2 information symbols over 2N−1
time intervals; therefore its transmission rate approaches unity
for higher numbers of relays. In order to achieve full-diversity
at the destination of the proposed scheme, the relay nodes also
achieve diversity by exploiting relay selection and distributed
STBCs. Since the relay nodes achieve diversity, their decision
errors do not effect the diversity order at the destination
node; therefore, A1 can be removed safely by the proposed
signaling protocol. On the other hand, the proposed signaling
protocol also allows the removal of A2, since the interfering
signals between relays have been reliably decoded (due to the
diversity) at the other listening relays at the previous time
slots; therefore, these interfering signals can be subtracted
from the presently received signals to obtain the desired

signals. Specific design examples are given for networks with
N = 2, 3 and 4 relays. First, the average symbol error
probability (ASEP) of the proposed scheme is analytically
evaluated using M -ary quadrature amplitude modulation (M -
QAM) taking into account the erroneous decisions at relays
and their effect on the destination, i.e. the error propagation,
then an approximation of the ASEP is derived for a general
N -relay case. It is shown that our theoretical results match
very well with that of computer simulations. It is also shown
by computer simulations that the proposed scheme achieves
significantly better error performance and it is more robust to
the channel estimation errors than its counterparts given in the
literature under realistic network conditions.

The organization of the paper is as follows. In Section II,
we give the system model and introduce the general signaling
protocol of the proposed scheme. In Sections III and IV, design
examples for networks with 2, 3 and 4 relays are presented,
and their theoretical ASEP performance is evaluated. Section
V provides an approximation for the ASEP of the general
scheme with N relays. The simulation results and the perfor-
mance comparisons are given in Section VI. Finally, Section
VII includes the main conclusions of the paper∗.

II. SYSTEM MODEL AND THE PROPOSED PROTOCOL

In this section, we define our system model and present the
general successive relaying protocol for the considered N -
relay wireless network. In Fig. 1, a relay network consisting
of a source node S, N relay nodes (R1, R2, . . . , RN ) and
a destination node D, is considered. Each node employs a
single antenna and operates in half-duplex mode. We assume
that there is not a direct link from S to D. hSRi and
hRiD, i = 1, . . . , N , represent the wireless channel fading
coefficient between S and Ri, and Ri and D, respectively,
while the fading channel coefficient between Ri and Rj is
represented by hRiRj . All channels are assumed reciprocal
in which fading channel coefficients remain unchanged for
opposite directions of the same link. Previously, wireless
channels with different statistics between nodes are considered
in the literature; however, in this work, all wireless channels
are assumed to be identically distributed, namely the real and
imaginary parts of hSRi , hRiD and hRiRj follow the N

(
0, 12

)
distribution. Squared absolute values of the corresponding
fading channel coefficients are denoted by

hi = |hSRi |
2
, hi,j =

∣∣hRiRj

∣∣2 , gi = |hRiD|
2 (1)

for i, j = 1, . . . , N . We assume that the hRiD’s are known at
D, while hSRi is known at relay Ri for i=1, . . . , N . We also
assume that the hRiRj ’s are known at Rj . The zero-mean
complex Gaussian noise samples at time slot t are denoted

∗Notation: For a complex variable s = sR + jsI , sR and sI denote the
real and imaginary parts of s, respectively, where j =

√
−1, and (·)∗ denotes

complex conjugation. x ∼ N
(
µx, σ2

x

)
denotes the Gaussian distribution of

a real random variable (r.v.) x with mean µx and variance σ2
x, while x ∼

CN
(
0, σ2

x

)
denotes the circularly symmetric complex Gaussian distribution

of x with variance σ2
x. Q (·) denotes the tail probability of the standard

Gaussian distribution. The cumulative and probability density functions (c.d.f.
and p.d.f.) of the r.v. x are denoted by Fx (x) and fx (x), respectively, while
its moment generating function (m.g.f.) is denoted by Mx (s) = E {esx},
where E {·} stands for expectation.
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Fig. 1. The relay network model.

by nRi(t) and nD(t) at Ri and D, respectively, and their
variances are assumed to be N0.

The proposed scheme is based on CIOD transmission with
two transmit antennas (two relays, in our case) which can
be represented by either of the following 2 × 2 transmission
matrices [10]: [

sR1 + jsI2 0
0 sR2 + jsI1

]
(2)[

sR2 + jsI1 0
0 sR1 + jsI2

]
(3)

where the columns and the rows of (2) and (3) correspond to
time slots and transmit antennas, respectively. s1 = sR1 + jsI1
and s2 = sR2 + jsI2 are two complex information symbols
drawn from a rotated M -QAM constellation. Assume that a
square M -QAM constellation with signal points s = sR+jsI

where sR, sI ∈
{
± 1,±3, . . . ,±

√
M − 1

}
is rotated by

the amount of θ, the rotated signal constellation symbols
are denoted by sθ = sejθ = sRθ + jsIθ whose real and
imaginary components sRθ and sIθ take M distinct values
from the set

{
sR cos θ − sI sin θ

}
, where θ = 31.7◦ is the

optimal rotation angle for square M -QAM which maximizes
the coding gain [10]. Consequently, for a given sRθ

(
sIθ
)
, sIθ(

sRθ
)

can be determined uniquely. As an example, for 4-QAM,
the rotated symbols with distinct real and imaginary parts
are sθ ∈ {(−1.376 + j0.325), (−0.325 − j1.376), (0.325 +
j1.376), (1.376− j0.325)}, and if sRθ = −1.376 is given for
this constellation, we know that sIθ = 0.325 and it is unique.
Constellation rotation is required for CIODs to achieve full-
diversity, while in our scheme it is also necessary to identify
symbols from their real or imaginary parts.

For every 2N − 1 time slots, a total of 2N − 2 rotated
information symbols (s1, s2, . . . , s2N−2) are transmitted from
S. Considering that h1 > h2 > · · · > hN , those 2N − 2
symbols are transferred from S to D according to the sig-
naling protocol given in Table I, where ↑, ↓ and NA denote
transmitting mode, receiving mode and idle mode in which
there is neither transmission nor reception, respectively, and

ci =

{
sRi + jsIi+1 odd i
sRi + jsIi−1 even i

(4)

represents the coordinate interleaved (CI) symbols for i =
1, 2, . . . , 2N − 2. Note that the constellation rotation enables
the symbols si and si+1 (or si−1) to be identified from ci for
odd i (or even i).

As seen from Table I, for a given odd time slot t =

1, 3, . . . , 2N − 3, S transmits ct = sRt + jsIt+1 to the relays,
while at even time slots t+ 1 = 2, 4, . . . , 2N − 2, R1, which
has the strongest source-relay link, decodes st and st+1 from
ct first, since each symbol can be identified by its real or
imaginary part only thanks to the constellation rotation. Then,
ct+1 = sRt+1+js

I
t is formed and forwarded to the other relays

and D by R1. Since ct and ct+1 have been received by the
other relays at successive two time slots t and t + 1, the
distributed CIOD signaling is implemented for these relays
in the form of the CIOD transmission matrix given in (2).
Distributed CIOD signaling is also implemented at D in the
form of (3) since at odd time slot t (t > 1), instead of receiving
a new CI symbol from S, one of the relays (R(t+1)/2) forwards
ct−2 = sRt−2 + jsIt−1 to D which is the reformed version of
the CI symbol ct−1 = sRt−1 + jsIt−2 transferred to D via
R1 in the previous even time slot t − 1. In other words,
at consecutive two time slots t − 1 and t, D receives ct−1

and ct−2, which are formed by the symbol pair (st−2, st−1),
from R1 and R(t+1)/2, respectively, while at consecutive two
time slots t and t + 1, before taking part in relaying, each
relay receives ct and ct+1 from S and R1, respectively. This
allows the implementation of distributed CIOD signaling (in
the forms of the transmission matrices given in (2) and (3) for
R2, . . . , RN and D, respectively) at all nodes of the network
except R1. On the other hand, R1 benefits from relay selection
since the channel between S and R1 is the strongest in the
considered scenario. As seen from Table I, at odd time slots
t (t > 1), the transmitting relay node causes interference to
the other relays while listening to the new CI symbol from
S. However, this interference can be reliably eliminated since
the interfering CI symbol transmitted from this relay node has
been already decoded reliably at the other relays which benefit
from the diversity provided by CIOD detection. Therefore,
unlike the previous techniques described in the literature, our
scheme can achieve second order diversity while requiring
neither perfect detection at relays nor interference-free inter-
relay channels. The transmission rate of the proposed signaling
protocol is found to be R = (2N − 2) / (2N − 1) complex
symbols per channel use (spcu), which approaches unity
with increasing N ; however, the complexity of the system
(signaling overhead, synchronization, etc.) linearly increases
in this case. Nevertheless, in real applications the number
of relays employed in a communication systems is limited
and the complexity of the systems due to the relays is not
substantial.

In order to benefit from relay selection, in the general case,
the relay having the strongest link to S, forwards the reformed
version of CI symbol it received in the previous time slot, to
other relays and D at even time slots. At the third time slot,
the relay having the second strongest link to S supports the
strongest relay, while at the fifth time slot, the relay having
the third strongest link to S forwards its signal, and so on.

III. PROPOSED SUCCESSIVE RELAYING FOR TWO RELAYS

In this section, first, we apply the proposed successive
relaying scheme for a wireless network having two relays
(N = 2), i.e., for the case of two-path relaying, and then
we evaluate the ASEP of this scheme for a general M -QAM
scheme.
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TABLE I
PROPOSED SUCCESSIVE RELAYING PROTOCOL FOR N RELAYS.

Time S R1 R2 R3 · · · RN−1 RN D
1 c1 ↑ c1 ↓ c1 ↓ c1 ↓ · · · c1 ↓ c1 ↓ NA
2 NA c2 ↑ c2 ↓ c2 ↓ · · · c2 ↓ c2 ↓ c2 ↓
3 c3 ↑ c3, c1 ↓ c1 ↑ c3, c1 ↓ · · · c3, c1 ↓ c3, c1 ↓ c1 ↓
4 NA c4 ↑ NA c4 ↓ · · · c4 ↓ c4 ↓ c4 ↓
5 c5 ↑ c5, c3 ↓ NA c3 ↑ · · · c5, c3 ↓ c5, c3 ↓ c3 ↓
...

...
...

...
...

...
...

...
...

2N−5 c2N−5 ↑ c2N−5, c2N−7 ↓ NA NA · · · c2N−5, c2N−7 ↓ c2N−5, c2N−7 ↓ c2N−7 ↓
2N−4 NA c2N−4 ↑ NA NA · · · c2N−4 ↓ c2N−4 ↓ c2N−4 ↓
2N−3 c2N−3 ↑ c2N−3, c2N−5 ↓ NA NA · · · c2N−5 ↑ c2N−3, c2N−5 ↓ c2N−5 ↓
2N−2 NA c2N−2 ↑ NA NA · · · NA c2N−2 ↓ c2N−2 ↓
2N−1 NA NA NA NA · · · NA c2N−3 ↑ c2N−3 ↓
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Fig. 2. Three phase successive relaying with stronger S−R1 channel—two
relays.
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Fig. 3. Three phase successive relaying with stronger S−R2 channel—two
relays.

A. Protocol

In the proposed protocol given in Figs. 2-3, within every
consecutive three time slots, two information symbols (s1, s2)
drawn from a rotated M -QAM constellation are transmitted
from S as follows: At the first time slot, S processes s1 and
s2, and transmits the coordinate interleaved symbol sR1 + jsI2
to R1 and R2. If the S−R1 channel is stronger than the
S−R2 channel, R1 decodes sR1 and sI2 first, from which s1
and s2 are obtained since each symbol can be identified from
its real or imaginary part only, which takes distinct values
after the constellation rotation. Then R1 forms and transmits
the coordinate interleaved symbol sR2 +jsI1 to R2 and D at the
second time slot. As seen from (2), distributed CIOD signaling
is achieved for R2 after two time slots. At the third time slot,
after detecting s1 and s2, R2 transmits sR1 +jsI2 to D to create
a virtual multiple-input single-output (MISO) system using the
CIOD matrix given in (3) for D. As seen from Fig. 3, similar
procedures can be applied when the S−R2 channel is stronger
than the S−R1 channel. Note that a virtual MISO system is
created for both D and one of the relays, while the other relay
benefits from relay selection. Therefore, the overall diversity
order of the system becomes two since not only D, but also
R1 and R2 achieve a diversity order of two. On the other
hand, the transmission rate of the proposed scheme with two
relays is 2/3 spcu since only two information symbols are
transmitted in three time slots.

B. Evaluation of ASEP

We now evaluate the ASEP of the proposed scheme for
general M -QAM. Without loss of generality, we can analyze
the error performance of the signaling protocol given in Fig.
2 where the S−R1 channel is stronger than the S−R2 channel
since the ASEP is the same for both cases. At the destination,
the ASEP of the scheme given in Fig. 2 can be expressed as

PD =
1

M

∑
s

∑
ŝ
PD (s→ ŝ) (5)

for s ̸= ŝ where PD (s→ ŝ) stands for the pairwise error
probability (PEP) at the destination associated with detection
of symbol ŝ given that symbol s is transmitted.

The destination PEP PD (s→ ŝ) can be expressed as the
sum of four probabilities related to the error events at the
relays as PD (s→ ŝ) = P1 + P2 + P3 + P4 with

P1=P
c
R1

(s)P cR2
(s |Rc1)PD (s→ ŝ |Rc1, Rc2) ,

P2=
∑
s̄,s̸̄=s

P cR1
(s)P eR2

(s→ s̄ |Rc1)PD (s→ ŝ |Rc1, Re2) ,

P3=
∑
s̃,s̸̃=s

P eR1
(s→ s̃)P cR2

(s |Re1)PD (s→ ŝ |Re1, Rc2) ,

P4=
∑
s̃,s̸̃=s

∑
s̄,s̸̄=s

P eR1
(s→ s̃)P eR2

(s→ s̄ |Re1)PD(s→ ŝ |Re1, Re2)

where P cR1
(s) is the probability of correct detection of s at R1,

P cR2
(s |Rc1) is the correct detection probability of s at R2 con-

ditioned on correct detection at R1, PD (s→ ŝ |Rc1, Rc2) is the
PEP at the destination conditioned on the correct detection of s
at both relays, P eR2

(s→ s̄ |Rc1) is the PEP at R2 conditioned
on the correct detection of s at R1, PD (s→ ŝ |Rc1, Re2) is the
PEP at the destination conditioned on correct detection of s at
R1 and erroneous detection of s to s̄ at R2, P eR1

(s→ s̃) is the
PEP at R1, P cR2

(s |Re1) is the probability of correct detection
of s at R2 conditioned on the erroneous detection of s to
s̃ at R1, PD (s→ ŝ |Re1, Rc2) is the PEP at the destination
conditioned on correct detection of s at R2 and erroneous
detection of s to s̃ at R1, P eR2

(s→ s̄ |Re1) is the PEP at R2

conditioned on the erroneous detection of s to s̃ at R1, and
PD (s→ ŝ |Re1, Re2) is the PEP at the destination conditioned
on the erroneous detection of s at both relays. Our analysis
shows that the ASEP at D is dominated by the case where
s̃ = s̄ = ŝ, i.e., for the case where successive identical
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erroneous detections occur in the relaying scheme. Therefore
we obtain the following approximations:

P2
∼=P cR1

(s)P eR2
(s→ ŝ |Rc1)PD (s→ ŝ |Rc1, Re2) ,

P3
∼=P eR1

(s→ ŝ)P cR2
(s |Re1)PD (s→ ŝ |Re1, Rc2) ,

P4
∼=P eR1

(s→ ŝ)P eR2
(s→ ŝ |Re1)PD (s→ ŝ |Re1, Re2) .

We also observe that the ASEP at D is mainly dominated by
P1, P2 and P4, and the effect of P3 can be ignored. This can
be explained by the fact that P cR2

(s |Re1) ≪ P eR2
(s→ ŝ |Re1)

while PD (s→ ŝ |Re1, Rc2) ∼ PD (s→ ŝ |Re1, Re2). As it is
shown in the sequel, independent of the SNR, the probability
of symbol error increases dramatically at R2 when R1 makes a
decision error. Therefore, the probability P cR2

(s |Re1) can be
neglected when compared to P eR2

(s→ ŝ |Re1), and we can
assume P3 ≪ P4. Thus the ASEP can be basically rewritten
as the sum of the three terms as

PD (s→ ŝ) ∼= P cR1
(s)P cR2

(s |Rc1)PD (s→ ŝ |Rc1, Rc2)
+ P cR1

(s)P eR2
(s→ ŝ |Rc1)PD (s→ ŝ |Rc1, Re2)

+ P eR1
(s→ ŝ)P eR2

(s→ ŝ |Re1)PD (s→ ŝ |Re1, Re2). (6)

In order to obtain the ASEP, we have calculated (6) for
s = s1. The derivation of each term in (6) is quite lengthy.
The details of the derivations are provided in Appendices A, B
and C for the terms related to R1

(
P cR1

(s) , P eR1
(s→ ŝ)

)
, R2(

P cR2
(s |Rc1) , P eR2

(s→ ŝ |Rc1) , P eR2
(s→ ŝ |Re1)

)
and D

(PD (s→ ŝ |Rc1, Rc2) , PD (s→ ŝ |Rc1, Re2) , PD (s→ ŝ |Re1, Re2)),
respectively. In Appendix D, the diversity gain analysis for
(6) is performed.

IV. THE PROPOSED PROTOCOL FOR THREE AND FOUR
RELAYS

In this section, we investigate the implementation and the
performance analysis of the proposed protocol for a wireless
network with three and four relays.

A. Proposed Protocol for Three Relays

For a wireless network consisting of a source node (S),
a destination node (D) and three relay nodes (R1, R2, R3),
during every five time slots, four information symbols
(s1, s2, s3, s4) are transmitted from S. Assuming that h1 >
h2 > h3, these symbols are transferred from S to D according
to the signaling protocol given in Table II. As seen from
Table II, R2 interferes with R1 and R3 at the third time slot,
however, this interference can be eliminated in a reliable way
since both R1 and R3 obtain s1 and s2 after the first two time
slots with diversity (R1 benefits from relay selection and R2

can be considered as the receiver of a MISO system employing
CIOD for two transmit antennas). For this case, the average
destination SEP can be evaluated as

PD =
ASEP (s1) + ASEP (s3)

2
(7)

where ASEP (si) = 1
M

∑
si

∑
ŝi
PD (si → ŝi) , i = 1, 3,

since symbol pairs (s1, s2) and (s3, s4) experience chan-
nels with different statistics. PD (s1 → ŝ1) can be calculated
by (6), while by neglecting the effect of the interference,

TABLE II
PROPOSED SUCCESSIVE RELAYING PROTOCOL FOR THREE RELAYS

Time S R1 R2 R3 D
1 c1 ↑ c1 ↓ c1 ↓ c1 ↓ NA
2 NA c2 ↑ c2 ↓ c2 ↓ c2 ↓
3 c3 ↑ c3, c1 ↓ c1 ↑ c3, c1 ↓ c1 ↓
4 NA c4 ↑ NA c4 ↓ c4 ↓
5 NA NA NA c3 ↑ c3 ↓

TABLE III
PROPOSED SUCCESSIVE RELAYING PROTOCOL FOR FOUR RELAYS

Time S R1 R2 R3 R4 D
1 c1 ↑ c1 ↓ c1 ↓ c1 ↓ c1 ↓ NA
2 NA c2 ↑ c2 ↓ c2 ↓ c2 ↓ c2 ↓
3 c3 ↑ c3, c1 ↓ c1 ↑ c3, c1 ↓ c3, c1 ↓ c1 ↓
4 NA c4 ↑ NA c4 ↓ c4 ↓ c4 ↓
5 c5 ↑ c5, c3 ↓ NA c3 ↑ c5, c3 ↓ c3 ↓
6 NA c6 ↑ NA NA c6 ↓ c6 ↓
7 NA NA NA NA c5 ↑ c5 ↓

PD (s3 → ŝ3) can be calculated similarly from

PD (s3 → ŝ3)∼=P cR1
(s3)P

c
R3

(s3 |Rc1)PD (s3 → ŝ3 |Rc1, Rc3)
+ P cR1

(s3)P
e
R3

(s3 → ŝ3 |Rc1)PD (s3 → ŝ3 |Rc1, Re3)
+ P eR1

(s3 → ŝ3)P
e
R3

(s3 → ŝ3 |Re1)PD (s3 → ŝ3 |Re1, Re3).
(8)

In order to obtain the ASEP for the three-relay case, consid-
ering the order statistics, the derivations for the terms in (7)
are given in Appendix E.

B. Proposed Protocol for Four Relays

For a wireless network consisting of a source node (S), a
destination node (D) and four relay nodes (R1, R2, R3, R4),
during every five time slots, six information symbols
(s1, s2, . . . , s6) are transmitted from S according to the pro-
posed protocol. Assuming that h1 > h2 > h3 > h4,
these symbols are transferred from S to D according to the
signaling protocol given in Table III. For this case, the average
destination SEP can be evaluated as

PD =
ASEP (s1) + ASEP (s3) + ASEP (s5)

3
(9)

where ASEP (si) , i = 1, 3, 5 are defined in (7). Here,
by neglecting the effect of interference between relays,
PD (s1 → ŝ1) and PD (s3 → ŝ3) can be calculated from (6)
and (8), respectively, while PD (s5 → ŝ5) can be calculated
from

PD (s5 → ŝ5)∼=P cR1
(s5)P

c
R4

(s5 |Rc1)PD (s5 → ŝ5 |Rc1, Rc4)
+ P cR1

(s5)P
e
R4

(s5 → ŝ5 |Rc1)PD (s5 → ŝ5 |Rc1, Re4)
+ P eR1

(s5 → ŝ5)P
e
R4

(s5 → ŝ5 |Re1)PD (s5 → ŝ5 |Re1, Re4).
(10)

Considering the new order statistics, corresponding new prob-
ability values can be obtained in closed form similar to the
three-relay case derivations given in Appendix E.
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V. APPROXIMATE ASEP OF THE PROPOSED SCHEME WITH
N RELAYS

In this section, by generalizing the concepts developed for
N = 2, 3 and 4 so far, we provide an approximate ASEP
expression for the N -relay scheme.

For N relays, by neglecting the effects of the interference
between relay nodes, the average destination SEP can be
evaluated as

PD =

∑N−1
i=1 ASEP (s2i−1)

N − 1
(11)

where ASEP (si) is as defined in (7). Considering the case
where h1 > h2 > · · · > hN , we obtain ASEP (s1) <
ASEP (s3) < · · · < ASEP (s2N−3), since si is transfered to
D via R1 and R(i+3)/2 for i = 1, 3, . . . , 2N − 3. In other
words, the probability of error will be lower for the symbols
transfered to D via relays with stronger source-relay channels.
Therefore, for simplicity, we can approximate (11) by

PD ≈
ASEP (s1) + ASEP

(
s(2N−3)

)
2

(12)

which considers the ASEP of the strongest symbol (s1) and
the weakest symbol

(
s(2N−3)

)
only, and takes the average of

these two probabilities. The calculations for the terms of (12)
are provided in Appendix F.

VI. NUMERICAL RESULTS

In this section, we present our theoretical as well as Monte
Carlo simulation results for the proposed successive relaying
systems with two, three and four relays and make comparisons
with the reference systems given in the literature, under the
quasi-static uncorrelated Rayleigh fading channel assumption.
The bit error rate (BER) and the symbol error rate (SER)
performance of these systems was evaluated by Monte Carlo
simulations as a function of the average SNR per bit (Eb/N0).
Unless specified otherwise, we consider unconstrained chan-
nels where the wireless channels between S and the relay
nodes, the relay nodes and D, and inter-relays are indepen-
dent and identically distributed with circularly symmetrical
and zero-mean unit variance complex Gaussian distributions.
For comparison purposes, we also consider strong inter-relay
channels with variances σ2

R > 1.

A. Theoretical Results

In Fig. 4, the theoretical ASEP curves and the computer
simulation results are shown for the proposed successive
relaying scheme with two relays using 4-, 16- and 64-QAM
modulations. As seen from Fig. 4, the theoretical and the
computer simulation results become very close to each other
with increasing SNR, and therefore support our in-depth
analyses of Section III.B.

In Fig. 5(a), we provide the theoretical ASEP curve of the
proposed signaling protocol for three relays which is obtained
from (7) by averaging the ASEP of the symbols s1 and s3
and compare this curve with the one obtained through Monte
Carlo simulations. As seen from this figure, unlike the two-
relay case, there is an approximately 0.6 dB gap in terms
of the SNR required for a target SER value between the
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Fig. 5. Theoretical performance curves for the new scheme with (a) three and
(b) four relays.

theoretical and computer simulation curves in favor of the
former since our theoretical analyses do not consider the effect
of the interference between relays for this case. Nevertheless,
we conclude from Fig. 5(a) that the proposed scheme is quite
robust to the negative effects of the interference between the
relays since its error performance is worsened only by 0.6 dB
compared to the interference-free case.

We extend our analysis to the four-relay case in Fig. 5(b).
The theoretical ASEP of the proposed scheme with four
relays is obtained from (9) which takes the average of the
ASEP of the symbols s1, s3 and s5. In order to check its
accuracy, we also show the approximate ASEP curve of the
proposed scheme for N relays obtained from (12) by taking
N = 4 which approximates the SER by averaging the ASEP
of s1 (the strongest symbol) and s5 (the weakest symbol)
only. We observe from Fig. 5(b) that the difference in SNR
between the theoretical curve and computer simulation result
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is larger (appr. 1.2 dB) than that of the three-relay case
since the proposed protocol for four relays suffers from more
interference due to the increased signaling traffic between S
and D; however, it may be still considered robust against
interference. On the other hand, we also observe from Fig.
5(b) that the approximation of the ASEP obtained from (12)
is quite reasonable and can be used as an effective tool to
predict the error performance of the proposed scheme in the
general N -relay case.

B. Comparisons with Reference Schemes

In Fig. 6, we consider a two-relay network and provide
the BER performance curves of the proposed scheme, the
scheme of [8] and the scheme of [9] with and without error-
free relays. It should be noted that the scheme of [9] with
error-free relays is equivalent to the classical CIOD trans-
mission and provides a performance benchmark for systems
operating on realistic channel conditions. We employ 4-QAM
modulation and ML detection for all systems. Note that, we
apply selection relaying for the scheme of [8], where the
threshold SNR is chosen as 12 dB. To achieve the same
transmission rate of 2/3 spcu for the schemes of [8] and
[9], four (L = 4) and two (L = 2) information symbols
have been transmitted from S in succession, respectively. We
consider realistic network conditions in which relays can make
erroneous detections for all schemes except the classical CIOD
transmission. We also assume that two relays interfere with
each other, where the variance of the inter-relay channels(
σ2
R

)
is either 1 (strong inter-relay interference) or 8 (weak

inter-relay interference). As seen from Fig. 6, without perfect
decoding at the relays, the schemes of [8] and [9] cannot
achieve full diversity while the proposed scheme does and it
provides a significant improvement in BER performance. We
also observe from Fig. 6 that the reference CIOD (scheme of
[9] with error-free relays) and the proposed scheme achieve
the same diversity order of two; however, the difference in the
error performance can be explained by the additional errors
at the relay nodes which increase the overall ASEP at the
destination of the proposed scheme. It is important to note that
the BER performance of the scheme of [8] is improved when
the condition of the inter-relay channel gets better

(
σ2
R = 8

)
,

however, the devastating effects of the inter-relay interference
and the erroneous detections of the relays prevent it from
achieving full-diversity at D.

We consider two and three-relay networks in Fig. 7 and
provide the BER performance curves of the proposed scheme
for N = 3, the scheme of [8], the scheme of [9] and the
scheme of [11]. For the reference systems, the corresponding
L values are adjusted accordingly so that all schemes except
the scheme of [11], whose transmission rate is 8/11(0.73)
spcu, achieve 4/5 spcu. Similarly, we consider 4-QAM mod-
ulation, ML detection and realistic network conditions for
all schemes, and apply selection relaying for the schemes
of [8] and [11]. As seen from this figure, even with strong
inter-relay channels, the schemes of [9] and [11] cannot
achieve full-diversity under realistic network conditions, and
they are outperformed by the proposed scheme. We observe
from Fig. 7 that the proposed scheme with N = 3 exhibits
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Fig. 7. Performance of the proposed protocol, and the schemes of [8], [9] and
[11] for two and three-relay networks and 4/5 spcu.

closer BER performance compared to the classical CIOD
transmission (i.e., the scheme of [9] with error-free relays)
and can achieve much better BER performance with a lower
ML decoding complexity than the reference schemes when
the wireless channels between the relay nodes undergo fading
and consequently are subject to erroneous decisions.

C. Proposed Protocol Under Channel Estimation Errors

In this subsection, we investigate the performance of the
proposed protocol in the presence of imperfect channel state
information (CSI). When the corresponding wireless channel
coefficients are estimated by the widely-used least squares
(LS) channel estimators at the relay nodes and the destination,
the estimation error model has the form ĥSRi = hSRi + ϵSRi ,
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ĥRiD = hRiD + ϵRiD, ĥRiRj = hRiRj + ϵRiRj for i, j =
1, . . . , N , where ϵSRi , ϵRiD and ϵRiRj represent the channel
estimation errors which are independent from the correspond-
ing wireless coefficients and from each other, and distributed
according to CN

(
0, σ2

ϵ

)
[15]. We assume that the variance

of the estimation error is adjusted according to the SNR
as σ2

ϵ = 1/ (NpEb/N0) where Np depends on the number
of pilot symbols used in training and the chosen estimation
method [16]. We consider the mismatched ML receivers in
which the relay and the destination use the estimated channel
fading coefficients in the perfect CSI (P-CSI) ML decision
metrics† instead of the exact channel coefficients since these
coefficients are imperfectly estimated and unknown to them. In
Fig. 8, we compare the performance of the proposed protocol
with the best reference system (scheme of [8]) under channel
estimation errors. As seen from Fig. 8, the proposed protocol
is more robust to the channel estimation errors than the scheme
of [8] since for a BER value of 10−4, compared to the case
of P-CSI, the degradation amounts in BER performance are
equal to 1.3 dB and 1.8 dB for the proposed protocol with 2/3
and 4/5 spcu, respectively, while these values are equal to 2.2
dB and 2.6 dB for the scheme of [8] with 2/3 and 4/5 spcu,
respectively. We also observe from Fig. 8 that the proposed
scheme preserves its full diversity in the presence of channel
estimation errors.

VII. CONCLUSION

A novel as well as reliable successive relaying protocol,
which can achieve high-rate and a diversity order of two, has
been proposed for N -relay networks operating under realistic
channel conditions in which the relays make decision errors
and interfere with each other. The proposed protocol can be
applied to practical networks in which there is not a direct
transmission from the source node to the destination node,
and the in-between relay nodes support the transmission.

†CIOD detection based ML decision metrics for the proposed protocol can
be found in Appendices A, B (for the relays) and C (for the destination).

The theoretical error performance of the proposed signal-
ing scheme has been derived after comprehensive calcula-
tions which consider the effects of error propagation. It has
been shown by computer simulations that i) our theoretical
analyses provide very accurate results, and ii) the proposed
scheme achieves significantly better error performance than
its counterparts given in the literature under realistic network
conditions. In our future work, we plan to focus on the
modification/development of the proposed protocol to increase
its transmission rate over unity primarily for 2- and 3-relay
networks as well as determining the receiver performance with
theoretical tools in the presence of the channel estimation
errors.

APPENDIX A
CALCULATION OF PROBABILITIES RELATED TO R1

(N = 2)
P cR1

(s) , P eR1
(s→ ŝ)

Without loss of generality, we consider the case in which
the S −R1 channel is stronger than the S −R2 channel, i.e.,
h1 > h2. Since the p.d.f. of the jth order statistic xj is given
as [17]

fxj (x) =
n!

(j − 1)! (n− j)!
fx (x) [Fx (x)]

j−1
[1− Fx (x)]

n−j

(13)
where x1, x2, . . . , xn are from a population with
p.d.f. fx (x) and c.d.f. Fx (x), we obtain fh1 (h1) =
2
(
1− e−h1

)
e−h1 , h1 > 0 and fh2 (h2) = 2e−2h2 , h2 > 0.

i) P cR1
(s1) : The received signal at R1 for t = 1 is given

as
rR1 (1) = hSR1

(
sR1 + jsI2

)
+ nR1 (1) . (14)

Thanks to coordinate interleaving, this signal can be expressed
as follows for independent detection of sR1 and sI2:[

rRR1
(1)

rIR1
(1)

]
=

[
hRSR1

−hISR1

hISR1
hRSR1

][
sR1

sI2

]
+

[
nRR1

(1)

nIR1
(1)

]
. (15)

For independent detection of sR1 , R1 obtains

yR1 = hRSR1
rRR1

(1) + hISR1
rIR1

(1) = h1s
R
1 + wR1 (16)

where wR1
, hRSR1

nRR1
(1) + hISR1

nIR1
(1) and h1

is defined in (1). Therefore, the detection problem
of sR1 becomes the detection of a modified M -
PAM signal subject to fading‡. When an M -QAM
constellation with signal points s = sR + jsI where
sR, sI ∈

{
± 1,±3, . . . ,±

√
M − 1

}
is rotated for CIOD,

sR1 takes elements from sR1 ∈
{
sR cos θ + sI sin θ

}
,

where θ = 1
2 tan

−1 (2) is the optimal rotation angle
for square M -QAM that maximizes the coding gain
[10]. As an example, for 4-QAM, we have sR1 ∈
{− cos θ − sin θ,− cos θ + sin θ, cos θ − sin θ, cos θ + sin θ}.
Let us denote the possible values of sR1 in ascending order as
a1, a2, . . . , aM . Considering the transmission model given in
(16), we have M decision intervals separated by the threshold
values (normalized by h1) λ1, λ2, . . . , λM−1. As an example
for 4-QAM, we have λ1 = − cos θ, λ2 = 0, λ3 = cos θ.

‡For independent detection of sI2, R1 obtains zR1 = −hI
SR1

rRR1
(1) +

hR
SR1

rIR1
(1).
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Considering that wR1 in (16) is distributed as N (0, ψ2),
where ψ2 = σ2h1 and σ2 = N0/2, the correct detection
probability for ai, i = 1, . . . ,M conditioned on h1 can be
given as

P cR1
(ai)

∣∣∣
h1

=


∫ h1λ1

−∞
fyR1

(yR1 | a1, h1) dyR1 , i = 1, i =M∫ h1λi

h1λi−1

fyR1
(yR1 | ai, h1) dyR1 , o.w.

(17)
where conditioned on ai and h1, yR1

follows the N
(
h1ai, ψ

2
)

distribution for all i. Simple manipulation gives

P cR1
(ai)

∣∣∣
h1

=

1−Q
(
h1(λ1−a1)

ψ

)
, i = 1, i =M

1−Q
(
h1(ai−λi−1)

ψ

)
−Q

(
h1(λi−ai)

ψ

)
, o.w.

(18)
In order to obtain the unconditional correct detection proba-
bility for ai, we have to integrate P cR1

(ai)
∣∣
h1

over the p.d.f.
of h1. Using the alternative form of the Q-function

Q (x) =
1

π

∫ π/2

0

exp

(
− x2

2 sin2 θ

)
dθ (19)

and considering the m.g.f. of h1 given as Mh1 (s) = 2/(2 −
3s+ s2) the unconditional correct detection probability for ai
is obtained as follows:

P cR1
(ai)=

1−q
(

(λ1−a1)2
N0

)
, i = 1, i =M

1−q
(

(ai−λi−1)
2

N0

)
−q
(

(λi−ai)2
N0

)
, o.w.

(20)
where

q (x), 1

π

∫ π/2

0

Mh1

(
−x
sin2 θ

)
dθ=

1

2

(
1− 2√

1 + 1
x

+
1√
1 + 2

x

)
.

(21)
ii) P eR1

(s1 → ŝ1): For the signaling scheme of (16), the
pairwise SEP of detecting ŝ given that s is transmitted can
be easily obtained by considering all possible signal points in
the constellation, with the integration of the conditional p.d.f.
of the received signal over the decision intervals mentioned
above. The conditional PEP is given in general form as

P eR1
(ai → aj)

∣∣∣
h1

=

∫ h1λj

h1λj−1

fyR1
(yR1 | ai, h1) dyR1

= Q

(
h1 (λj−1 − ai)

ψ

)
−Q

(
h1 (λj − ai)

ψ

)
(22)

for i = 1, . . . ,M , j ̸= i, j ̸= 1,M . On the other hand, for the
symbols at the rightmost and the leftmost of the constellation,
we have

P eR1
(ai → a1)

∣∣∣
h1

=

∫ h1λ1

−∞
fyR1

(yR1 | ai, h1) dyR1

= Q

(
h1 (ai − λ1)

ψ

)
, i ̸= 1 (23)

and,
P eR1

(ai → aM )
∣∣∣
h1

=

∫ ∞

h1λM−1

fyR1
(yR1

| ai, h1) dyR1

= Q

(
h1 (λM−1 − ai)

ψ

)
, i ̸=M.

(24)

Using (19), Mh1(s) and (21), the unconditional PEP (UPEP)
is derived as follows:

P eR1
(ai → aj) =


q
(

(ai−λ1)
2

N0

)
, j = 1∣∣∣q ( (λj−1−ai)2

N0

)
− q

(
(λj−ai)2

N0

)∣∣∣ ,o.w.

q
(

(λM−1−ai)2
N0

)
, j =M.

(25)

for i = 1, . . . ,M , j ̸= i.
Since coordinate interleaving technique with rotated M -

QAM constellations allows us to distinguish symbols from
only their real (or imaginary) parts, P cR1

(s1) = P cR1

(
sR1
)

and
P eR1

(s1 → ŝ1) = P eR1

(
sR1 → ŝR1

)
, for s1 ̸= ŝ1.

APPENDIX B
CALCULATION OF PROBABILITIES RELATED TO R2

(N = 2)
P cR2

(s |Rc1) , P eR2
(s→ ŝ |Rc1) , P eR2

(s→ ŝ |Re1)

i) P eR2
(s1 → ŝ1 |Re1): Considering that s1 = sR1 + jsI1 has

been erroneously detected at R1 as s̃1 = s̃R1 +js̃
I
1, the received

signals at R2 at the first two time slots is given as[
rR2 (1)
rR2 (2)

]
=

[
sR1 + jsI2 0

0 sR2 + js̃I1

] [
hSR2

hR1R2

]
+

[
nR2 (1)
nR2 (2)

]
.

(26)
As seen from (26), assuming correct detection at R1, R2

can be considered as the receiver of a 2 × 1 MISO system
employing CIOD. Therefore, R2 applies CIOD detection
procedures to decode s1 and s2 by combining the received
signals as: γR2 = αRR2

+ jβIR2
and δR2 = βRR2

+ jαIR2
, where

αR2 = h∗SR2
rR2 (1) and βR2 = h∗R1R2

rR2 (2). Then, the
ML decision rules for s1 and s2 are given as follows [10]:
ŝi = argminsi {mR2 (si)} for i = 1, 2, where

mR2 (s1) = h1,2
(
γRR2

− h2s
R
1

)2
+ h2

(
γIR2

− h1,2s
I
1

)2
,

mR2 (s2) = h2
(
δRR2

− h1,2s
R
2

)2
+ h1,2

(
δIR2

− h2s
I
2

)2
.

The CPEP of detecting ŝ1 when s1 is transmitted can be
written as

P eR2
(s1 → ŝ1 |Re1)

∣∣∣
h2,h1,2

= P (mR2 (ŝ1) < mR2 (s1)) .

(27)
Considering γR2 = h2s

R
1 + jh1,2s̃

I
1 + wRR2

(1) + jwIR2
(2) ,

where wR2 (1) = h∗SR2
nR2 (1) and wR2 (2) = h∗R1R2

nR2 (2),
we obtain

P eR2
(s1 → ŝ1 |Re1)

∣∣∣
h2,h1,2

=

P
(
h1,2

[
h2∆1 + wRR2

(1)
]2

+ h2
[
h1,2∆2 + wIR2

(2)
]2

< h1,2
(
wRR2

(1)
)2

+ h2
[
h1,2∆3 + wIR2

(2)
]2)

(28)

where ∆1 , sR1 − ŝR1 , ∆2 , s̃I1 − ŝI1 and ∆3 , s̃I1 − sI1. After
manipulation, we arrive at

P eR2
(s1 → ŝ1 |Re1)

∣∣∣
h2,h1,2

= P (A < 0) (29)

where A = h22h1,2∆
2
1 + h2h

2
1,2

(
∆2

2−∆2
3

)
+

2h2h1,2
[
∆1w

R
R2

(1)+(∆2−∆3)w
I
R2

(2)
]
, and A ∼

N
(
µA, σ

2
A

)
with µA = h2h1,2

(
h2∆

2
1 + h1,2

(
∆2

2 −∆2
3

))
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and σ2
A = 4σ2h22h

2
1,2

(
h2∆

2
1 + h1,2 (∆2 −∆3)

2
)

. From
(29), the desired CPEP expression can be obtained as

P eR2
(s1→ ŝ1 |Re1)

∣∣∣
h2,h1,2

=Q

 h2∆
2
1+h1,2

(
∆2

2−∆2
3

)
2σ
√
h2∆2

1+h1,2 (∆2−∆3)
2

.
(30)

Let us define Φ1 = sR1 − ŝR1 and Φ2 = sI1 − ŝI1. As
we mentioned earlier, the average SEP at the destination is
dominated by the case where s̃1 = ŝ1. Therefore, we have
∆2

1 = Φ2
1, ∆2 = 0 and ∆3 = Φ2

2 in (30), which gives

P eR2
(s1 → ŝ1 |Re1)

∣∣∣
h2,h1,2

=Q

(
h2Φ

2
1 − h1,2Φ

2
2

2σ
√
h2Φ2

1 + h1,2Φ2
2

)
.

(31)
We observe that (31) can take very large values when h1,2Φ2

2>
h2Φ

2
1, which supports our assumption on P cR2

(s |Re1) ≪
P eR2

(s→ ŝ |Re1). Thus, we can approximate the UPEP for
high SNR (σ → 0) as

P eR2
(s1 → ŝ1 |Re1) ≈ P

(
h2Φ

2
1 < h1,2Φ

2
2

)
(32)

since the Q-function gives either unity or zero depending on
the sign of the numerator for smaller values of σ. Let us define
u = u1 − u2 where u1 , h2Φ

2
1 and u2 , h1,2Φ

2
2, then we

obtain
P eR2

(s1 → ŝ1 |Re1) ≈ P (u < 0) . (33)

Considering the p.d.f.’s of u1 and u2 given as fu1 (u1) =(
2/Φ2

1

)
e−2u1/Φ

2
1 and fu2 (u2) =

(
1/Φ2

2

)
e−u2/Φ

2
2 for u1 > 0

and u2 > 0, respectively, the p.d.f. of u, which is the
difference of two exponential r.v.’s, can be calculated for u < 0
by [17]

fu (u) =

∫ ∞

−u
fu1 (u+ u2) fu2 (u2) du2

=
2 exp

(
u/Φ2

2

)
Φ2

1 + 2Φ2
2

(34)

which yields

P eR2
(s1 → ŝ1 |Re1) =

∫ 0

−∞
fu (u) du =

2Φ2
2

Φ2
1 + 2Φ2

2

. (35)

Eq. (35) proves that the probability of error becomes very high
at R2 if R1 forwards an erroneously detected signal.

ii) P eR2
(s1 → ŝ1 |Rc1): Assuming correct detection at R1,

the CPEP of detecting ŝ1 when s1 is transmitted can be
obtained by setting s̃I1 = sI1 in (30)

(
∆2

2 = Φ2
2,∆3 = 0

)
as

P eR2
(s1 → ŝ1 |Rc1)

∣∣∣
h2,h1,2

= Q

√h2Φ2
1 + h1,2Φ2

2

2N0


(36)

which is the CPEP of the classical CIOD. Let us define v =
u1 + u2 for u1 = h2Φ

2
1 and u2 = h1,2Φ

2
2. Using (19) and

defining Mv (s) = E {esv}, the corresponding UPEP can be
evaluated as follows:

P eR2
(s1 → ŝ1 |Rc1) =

1

π

∫ π/2

0

Mv

(
−1

4N0 sin
2 θ

)
dθ. (37)

Considering fu1 (u1) and fu2 (u2) given below of (33), the
p.d.f. of v, which is the sum of two exponential r.v.’s, can be

calculated by (v > 0)

fv (v)=

∫ v

0

fu2 (u2) fu1 (v − u2) du2

=
2
(
exp

(
−2v/Φ2

1

)
− exp

(
−v/Φ2

2

))
Φ2

1 − 2Φ2
2

. (38)

Then, the corresponding m.g.f. is evaluated as

Mv (s) =
2

(Φ2
1s− 2) (Φ2

2s− 1)
. (39)

Combining (37) and (39), and using Mathematica, we obtain

P eR2
(s1 → ŝ1 |Rc1) =

Φ2
1 (1− ρ1) + 2Φ2

2 (−1 + ρ2)

2 (Φ2
1 − 2Φ2

2)
(40)

where ρ1 , 1/
√
1 + 8N0/Φ2

1 and ρ2 , 1/
√
1 + 4N0/Φ2

2.
Note that (40) differs from the UPEP of the classical CIOD
operating on uncorrelated Rayleigh fading channels due to the
different p.d.f. of h2.

iii)P cR2
(s1 |Rc1): The correct detection probability of s1 at

R2 given that R1 forwarded the correct s1 component, can be
easily obtained by using (40) in the following union bound:

P cR2
(s1 |Rc1) ≤ 1− 1

M

∑
ŝ1,ŝ1 ̸=s1

P eR2
(s1 → ŝ1 |Rc1) . (41)

APPENDIX C
CALCULATION OF PROBABILITIES RELATED WITH D

(N = 2)
PD (s→ ŝ |Rc1, Rc2) , PD (s→ ŝ |Rc1, Re2) , PD (s→ ŝ |Re1, Re2)

i) PD (s1 → ŝ1 |Re1, Re2): Assuming that s1 = sR1 + jsI1
has been erroneously detected as s̃1 = s̃R1 + js̃I1 and s̄1 =
s̄R1 + js̄I1 at R1 and R2, respectively, the received signals at
the destination for t = 2 and 3 can be expressed as[
rD (3)
rD (2)

]
=

[
s̄R1 + jsI2 0

0 sR2 + js̃I1

] [
hR2D

hR1D

]
+

[
nD (3)
nD (2)

]
. (42)

According to the CIOD detection procedures, after process-
ing and interleaving these signals as αD = h∗R2D

rD (3),
βD = h∗R1D

rD (2) and, γD = αRD + jβID, δD = βRD + jαID,
respectively, the receiver calculates the ML decision metrics
as

ŝ1 = argmin
s1

{
g1
(
γRD − g2s

R
1

)2
+ g2

(
γID − g1s

I
1

)2}
,

ŝ2 = argmin
s2

{
g2
(
δRD − g1s

R
2

)2
+ g1

(
δID − g2s

I
2

)2}
. (43)

Considering γD = g2s̄
R
1 + jg1s̃

I
1 + wRD (3) + jwID (2) where

wD (3) = h∗R2D
nD (3) and wD (2) = h∗R1D

nD (2), similarly
to (27), the CPEP can be calculated as

PD (s1 → ŝ1 |Re1, Re2)
∣∣∣
g1,g2

=

P
(
g1
[
g2∆4 + wRD (3)

]2
+ g2

[
g1∆2 + wID (2)

]2
< g1

[
g2∆5 + wRD (3)

]2
+ g2

[
g1∆3 + wID (2)

]2)
(44)

where ∆2 and ∆3 are defined in (28), and ∆4 , s̄R1 − ŝR1 ,
∆5 , s̄R1 − sR1 . After simple calculations, we obtain

PD (s1 → ŝ1 |Re1, Re2)
∣∣∣
g1,g2

= P (B < 0) (45)
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where B = g1g
2
2

(
∆2

4 −∆2
5

)
+ g21g2

(
∆2

2 −∆2
3

)
+

2g1g2
[
(∆4 −∆5)w

R
D (3) + (∆2 −∆3)w

I
D (2)

]
and

B ∼ N
(
µB , σ

2
B

)
with µB = g1g2

(
g2
(
∆2

4 −∆2
5

)
+

g1
(
∆2

2 −∆2
3

) )
and σ2

B = 4σ2g21g
2
2

(
g2 (∆4 −∆5)

2
+

g1 (∆2 −∆3)
2
)

. Then, the corresponding UPEP can be
expressed as

PD (s1 → ŝ1 |Re1, Re2)
∣∣∣
g1,g2

=

Q

 g2
(
∆2

4 −∆2
5

)
+ g1

(
∆2

2 −∆2
3

)
2σ

√
g2 (∆4 −∆5)

2
+ g1 (∆2 −∆3)

2

. (46)

As mentioned earlier, we assume that for the dominant case
s̄R1 = ŝR1 , s̃I1 = ŝI1, which gives ∆2 = ∆4 = 0, ∆2

5 = Φ2
1 and

∆2
3 = Φ2

2, for which (46) simplifies to

PD (s1 → ŝ1 |Re1, Re2)
∣∣∣
g1,g2

= Q

−

√
g2Φ2

1 + g1Φ2
2

2N0


= 1− PD (s1 → ŝ1 |Rc1, Rc2)

∣∣∣
g1,g2

(47)

where PD (s1 → ŝ1 |Rc1, Rc2)
∣∣
g1,g2

is equal to the CPEP of
the classical CIOD, which will be calculated in the sequel.
As seen from (47), the error probability approaches unity
with increasing SNR, which is expected since both relays
erroneously detected s1 and forwarded this signal to D.

ii) PD (s1 → ŝ1 |Rc1, Re2): Assuming that s1 = sR1 + jsI1
has been correctly detected at R1 (s̃1 = s1) and erroneously
detected as ŝ1 = ŝR1 + jŝI1 at R2 (s̄1 = ŝ1), by setting ∆3 =
∆4 = 0,∆2

2 = Φ2
2 and ∆2

5 = Φ2
1 in (46), we obtain

PD (s1→ ŝ1 |Rc1, Re2)
∣∣∣
g1,g2

=Q

(
−g2Φ2

1 + g1Φ
2
2

2σ
√
g2Φ2

1 + g1Φ2
2

)
(48)

which has a similar structure as that of (31), and the corre-
sponding UPEP can be calculated as

PD (s1→ ŝ1 |Rc1, Re2)≈P
(
g1Φ

2
2 < g2Φ

2
1

)
=

Φ2
1

Φ2
1 +Φ2

2

. (49)

iii) PD (s1 → ŝ1 |Rc1, Rc2): Assuming that both of the relays
have successfully detected s1, i.e., s̃1 = s1 and s̄1 = s1, we
have ∆3 = ∆5 = 0, ∆2

4 = Φ2
1 and ∆2

2 = Φ2
2, and (46)

simplifies to the CPEP of the classical CIOD as

PD (s1 → ŝ1 |Rc1, Rc2)
∣∣∣
g1,g2

=Q

√g2Φ2
1 + g1Φ2

2

2N0

 (50)

for which the UPEP can be calculated as follows:

PD (s1 → ŝ1 |Rc1, Rc2)=
1

π

∫ π/2

0

Mw

(
−1

4N0 sin
2 θ

)
dθ (51)

where w , g2Φ
2
1 + g1Φ

2
2 with p.d.f. and m.g.f. given respec-

tively as

fw (w) =
exp

(
−w/Φ2

1

)
− exp

(
−w/Φ2

2

)
Φ2

1 − Φ2
2

, w > 0

Mw (s) =
1

(Φ2
1s− 1) (Φ2

2s− 1)
. (52)

Substituting (52) in (51), the desired UPEP value can be
calculated as

PD (s1 → ŝ1 |Rc1, Rc2) =
Φ2

1 (1− ρ1) + Φ2
2 (−1 + ρ2)

2 (Φ2
1 − Φ2

2)
(53)

where ρ1 , 1/
√
1 + 4N0/Φ2

1 and ρ2 , 1/
√
1 + 4N0/Φ2

2.
Note that (53) is the UPEP of the classical CIOD operating
on uncorrelated Rayleigh fading channels.

APPENDIX D
DIVERSITY GAIN ANALYSIS FOR N = 2

In this appendix, we derive the diversity gain of the pro-
posed protocol from (6) for N = 2, while using very similar
procedures, generalizations to other networks are possible.
Using the relationship between the ASEP and SNR (or noise
power N0 for a fixed signal power), the diversity gain of the
system can be calculated using [18]

Gd = − lim
N0→0

log (PD (s→ ŝ))

log (1/N0)
. (54)

Since PD (s→ ŝ) given in (6) contains many conditional
terms, the application of (54) to PD (s→ ŝ) for high SNR
(N0 → 0) is not straightforward. For high SNR, the cor-
rect detection probabilities P cR1

(s) and P cR2
(s |Rc1) in (6)

approach unity and can be discarded. It is observed from
(47) that PD (s1 → ŝ1 |Re1, Re2) also approaches unity with
increasing SNR, and as seen from (35) and (49) respectively,
P eR2

(s1 → ŝ1 |Re1) and PD (s1→ ŝ1 |Rc1, Re2) are constant
terms which do not depend on the SNR and cannot effect
the diversity order. Therefore, (6) can be simplified as

PD (s→ ŝ) ∝
PD (s→ ŝ |Rc1, Rc2) + P eR2

(s→ ŝ |Rc1) + P eR1
(s→ ŝ)

(55)

for diversity order calculation. Please note that the three terms
in (55) are given in (53), (36) and (25), respectively. Applying
(54) to each term of (55) and using numerical methods, for
which details are omitted here due to space restrictions, it can
be shown that Gd = 2 is obtained for each of these terms.
This proves that our scheme achieves a diversity order of two
which is also validated by the slopes of the theoretical curves
given in Fig. 4.

APPENDIX E
CALCULATION OF ASEP FOR N = 3

For the three-relay case, considering the p.d.f.’s of hi, i =
1, 2, 3 given as fh1 (h1) = 3

(
1− e−h1

)2
e−h1 , fh2 (h2) =

6
(
1− e−h2

)
e−2h2 , and fh3 (h3) = 3e−3h3 for hi > 0,

obtained from (13), the corresponding probabilities in (7) can
be obtained with slight modifications of the results obtained
in Appendices A, B and C as follows. Please note that the
probabilities related to D are the same as those for the two-
relay network (Appendix C) since the corresponding channel
statistics (between the relay nodes and D) are identical for
both schemes regardless of the number of relays in the
network.

i) P cR1
(s1) and P eR1

(s1 → ŝ1): These two probabilities can
be calculated from (20) and (25), respectively; however, for
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this case, due to the different statistics of h1, we use the new
q (x) function defined as

q (x) , 1

π

∫ π/2

0

Mh1

(
−x
sin2 θ

)
dθ

=
1

2

(
1− 3√

1 + 1
x

+
3√
1 + 2

x

− 1√
1 + 3

x

)
(56)

where
Mh1 (s) =

6

6− 11s+ 6s2 − s3
. (57)

ii) P eR2
(s1 → ŝ1 |Re1): This probability can be calculated

by following the same steps as those in Appendix B as

P eR2
(s1 → ŝ1 |Re1) =

∫ 0

−∞
fu (u) du =

6Φ4
2

Φ4
1 + 5Φ2

1Φ
2
2 + 6Φ4

2
(58)

where u is as defined in (33) and due to the different p.d.f. of
h2, instead of (34), we have used

fu (u) =
6 exp

(
u/Φ2

2

)
Φ2

2

Φ4
1 + 5Φ2

1Φ
2
2 + 6Φ4

2

, u < 0, (59)

for the three-relay case.
iii) P eR2

(s1 → ŝ1 |Rc1): This probability can be calculated
from (37) by using

Mv (s) =
−6

(Φ2
1s− 3) (Φ2

1s− 2) (Φ2
2s− 1)

(60)

where v is as defined in (37). Due to space limitations, the re-
sult obtained by combining (37) and (60) is omitted here. Inter-
ested readers can obtain the desired closed form result by using
Mathematica software. �

As seen from Table II, the transmission of the symbols s3
and s4 is very similar to that of s1 and s2, where only the
secondary (supporting) relays are different. In other words, the
symbol pair (s1, s2) is transferred to D via R1 and R2, while
the symbol pair (s3, s4) is transferred to D via R1 and R3. On
the other hand, for simplicity, we do not consider the effects
of the possible interference caused by the erroneous detection
of s1 and s2 at the relay nodes, on the error performance of
s3 and s4 in our analytical calculations.

iv) P cR3
(s3) and P eR3

(s3 → ŝ3): These probabilities are the
same as those for s1 given above and can be calculated by (20)
and (25), respectively, using (56).

v) P eR3
(s3 → ŝ3 |Re1): This probability can be calculated

by following the same steps as those in Appendix B as

P eR3
(s3 → ŝ3 |Re1) =

∫ 0

−∞
fu (u) du =

3Φ2
2

Φ2
1 + 3Φ2

2

. (61)

where for this case, u , h3Φ
2
1 − h13Φ

2
2 with p.d.f.

fu (u) =
3 exp

(
u/Φ2

2

)
Φ2

1 + 3Φ2
2

, u < 0. (62)

vi) P eR3
(s3 → ŝ3 |Rc1): This probability can be calculated

by using (37), where for three relays, v , h3Φ
2
1+h13Φ

2
2 with

the corresponding m.g.f.

Mv (s) =
3

(Φ2
1s− 3) (Φ2

2s− 1)
. (63)

By combining (37) and (63), we obtain

P eR3
(s3 → ŝ3 |Rc1) =

Φ2
1 (1− ρ1) + 3Φ2

2 (−1 + ρ2)

2 (Φ2
1 − 3Φ2

2)
(64)

where ρ1 , 1/
√
1 + 12N0/Φ2

1 and ρ2 , 1/
√
1 + 4N0/Φ2

2.

APPENDIX F
CALCULATION OF THE APPROXIMATE ASEP FOR

GENERAL N

Although it seems quite complicated to obtain exact closed
form ASEP expressions for general N values, we use induc-
tion to obtain the results given in this appendix.

Similar to the previous cases, probabilities related with
R1 are identical for s1 and s2N−3, and the corresponding
probabilities P cR1

(si) and P eR1
(si → ŝi) for i = 1 and 2N−3

can be calculated from (20) and (25), respectively, where for
N relays we have

q(x) , 1

2

N∑
j=0

(−1)
j (N

j

)√
1 + j

x

. (65)

A. New Calculations for PD (s1 → ŝ1)

By generalizing our previous calculations, we obtain

P eR2
(s1 → ŝ1 |Re1) =

N !Φ
2(N−1)
2∏N

i=2 (Φ
2
1 + iΦ2

2)
(66)

while P eR2
(s1 → ŝ1 |Rc1) can be calculated using (37), where

Mv (s) =
(−1)

N
N !

(Φ2
2s− 1)

∏N
i=2 (Φ

2
1s− i)

. (67)

Unfortunately, a closed from solution cannot be found for
the combination of (37) and (67) for general N values, and
numerical integration has to be considered.

B. New Calculations for PD (s2N−3 → ŝ2N−3)

For N relays, by generalizing our previous derivations, we
obtain

P eRN
(s2N−3 → ŝ2N−3 |Re1) =

NΦ2
2

Φ2
1 +NΦ2

2

, (68)

P eRN
(s2N−3 → ŝ2N−3 |Rc1) =

Φ2
1 (1− ρ1) +NΦ2

2 (−1 + ρ2)

2 (Φ2
1 −NΦ2

2)
(69)

where ρ1 , 1/
√
1 + 4NN0/Φ2

1 and ρ2 , 1/
√
1 + 4N0/Φ2

2.
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